In Fine 1994, Kit Fine challenges the (widespread) view that the notion of essence is to be understood in terms of the metaphysical modalities, and he argues that it is not essence which reduces to metaphysical modality, but rather metaphysical modality which reduces to essence. In this paper I put forward a modal account of essence and argue that it is immune from Fine's objections. The account presupposes a non-standard, independently motivated conception of the metaphysical modalities which I dub Priorean. Arthur Prior never endorsed that very conception, but in some respects his own views on the topic are so close to it, and different from all (most?) currently accepted views, that the label 'Priorean' is perfectly appropriate.
Fine on essence and metaphysical modality
It is nowadays widely accepted that to say that an object is essentially so and so is to say that necessarily, the object is so and so, or alternatively, that necessarily, the object is so and so if it exists. (Necessity is of the metaphysical sort here.) Call the first modal account of what it is for something to be essentially so and so the unconditional account, and the second one the conditional account. In Fine 1994, Kit Fine offers a powerful series of objections to both accounts. It is the aim of this section to present them.
I have just been somewhat obscure as to what these accounts are accounts of. Consider the following two essentialist statements:
• Socrates is essentially human; • God is essentially such that the actual world is the best of all possible worlds.
I take it that an account of what it is for something to be essentially so and so should have something to say about both statements. More generally, I take it that such an account should have something to say about all essentialist statements of the predicational form 'c essentially Fs', where 'c' names an object and 'F' is a one-place predicate, as well as about all essentialist statements of the sentential form 'c is essentially such that A', where 'c' names an object and 'A' is a sentence. One may argue that the two forms of expression are at bottom equivalent, thanks to the truth of the following general equivalences:
1 Published in Dialectica 61, issue 1, 63-84, 2007 which should be used for any reference to this work (a) c essentially Fs iff c is essentially such that F(c); (b) c is essentially such that A iff c essentially Fs -where 'F' is the degenerate one-place predicate 'is such that A'.
On such a view, an account of predicational statements yields ipso facto an account of sentential statements, and vice versa. I am personally happy with both equivalences, as Fine is it seems, 1 but some are certainly not. At one extreme, for instance, one may find some who reject the second equivalence because they think that what I call 'degenerate predicates' have no meaning at all, or some who reject it in its general form because they think that a statement of the form 'c is essentially such that A' is meaningful only if 'A' contains a name which is co-referential with 'c'.
Be it as it may, I take it that virtually all of us agree that using the predicational form of expression is a meaningful way of making essentialist claims (if any one is). Thus, in order to avoid contentious presuppositions as much as possible, in my presentation of Fine's objections I will formulate essentialist statements using the form 'c is essentially such that F(c) ' , and I will let those extremists who think that only the genuine predicational form makes sense translate according to the recipe they can extract from (a) above. Under this policy, my presentation of the objections will slightly differ from Fine's, for at some points his discussion involves sentential statements which are not of the form I will use. But these differences will be of no importance.
Fine's objections can be sorted into four sets, which I label singletons, essential distinctness, necessary truths and essential existence, respectively. Each of the first three sets contains an objection to each account, and the last one an objection to the conditional account only. Let me run through them in turn.
singletons. Consider Socrates and the singleton-set whose sole element is Socrates, namely {Socrates}. The following general principle of modal set-theory:
Necessarily, if Socrates exists, Socrates belongs to {Socrates} is very plausible. By the conditional account, it entails:
(1) Socrates is essentially such that Socrates belongs to {Socrates}, and by the unconditional account:
(2) Socrates is essentially such that (if Socrates exists, Socrates belongs to {Socrates}).
Both views about the essence of Socrates are, in contrast to (A), very implausible. As Fine puts it, 'strange as the literature on personal identity may be, it has never been suggested that in order to understand the nature of a person one must know 1 See Fine 1995b section 1.
2 to which sets he belongs', and we are strongly inclined to think that 'there is nothing in the nature of a person […] which demands that he belongs to this or that set or which even demands that there be any sets'. Be it as it may, whichever truth-values (A), (1) and (2) Both (3) and (4) are, in contrast to (B), very implausible. We may paraphrase Fine's remarks about persons and sets here. Strange as the literature on personal identity may be, it has never been suggested that in order to understand the nature of an arbitrary person like Socrates one must know that she is distinct from the Eiffel Tower, and we are strongly inclined to think that there is nothing in the nature of a person like Socrates which demands that she be distinct from the tower or which even demands that there be any such thing as the tower. Be it as it may, whichever truth-values (B), (3) and (4) do in fact have the important point is that neither the conjunction of (B) and not-(3) nor the conjunction of (B) and not- (4) is absurd, both views should be compatible with any general account of essence. But the first view is excluded by the conditional account and the second by the unconditional account. Therefore, both accounts have to be rejected. necessary truths. Consider any necessary truth A and any object c. It is then necessary that A should hold if c exists, and also that both A should hold and c exists if c exists. By the conditional account, it follows that it is part of c's essence that c exists and A holds, and by the unconditional account that it is part of c's essence that A if c exists. So for instance, assuming that:
Necessarily, there are infinitely many prime numbers, the conditional account has it that:
Socrates is essentially such that (Socrates exists and there are infinitely many prime numbers) and the unconditional account that:
Socrates is essentially such that (if Socrates exists, there are infinitely many prime numbers).
Or again, assuming that:
Necessarily, if Socrates exists, Socrates has the parents he actually has, the conditional account has it that:
The Eiffel Tower is essentially such that (the Eiffel Tower exists, and if Socrates exists, Socrates has the parents he actually has) and the unconditional account that:
The Eiffel Tower is essentially such that (if both the Eiffel Tower and Socrates exist, Socrates has the parents he actually has).
Both (C) and (D) have some plausibility, while (5), (6), (7) and (8) are implausible (we could once again paraphrase Fine's remarks about persons and sets here). Be it as it may, it is surely possible to maintain (C) and reject (5) and (6), and to maintain (D) and reject (7) and (8). Therefore, both the conditional and the unconditional accounts have to be rejected. essential existence. An immediate consequence of the conditional account is that everything essentially exists. Yet, essential existence is a feature one may be willing to attribute to certain peculiar entities, say God or the empty set, but surely there should be room for denying that absolutely everything, you and my laptop for instance, essentially exist. Therefore, the conditional account has to be rejected.
These four sets of objections appear to me very convincing, and I will not question them: I will take for granted that ( (8) , and the view that some things do not essentially exist are all views which should be compatible with any general account of essence, and so that both the conditional and the unconditional accounts have to be rejected.
Is there any other account framed in terms of metaphysical modality which could be put forward? Fine claims that 'it is hard to be definitive on such a matter' and his final view, which he puts forward without real argument, is that there is none. If essence and metaphysical modality are not connected the way the standard accounts suggest, then what is the relationship between the two? Fine claims that it is not essence which reduces to metaphysical necessity, but rather metaphysical necessity which reduces to essence -and that essence cannot be under-stood in fundamentally different terms. His view is that for a proposition to be necessary is for it to be true in virtue of the nature of all objects.
My opinion is that Fine's claims about the relationship between essence and modality are incorrect. In the last section of this paper I will propose an account of essence framed in terms of metaphysical modality, and argue that it is immune from the objections to the standard accounts presented above. The account presupposes a non-standard, independently motivated conception of the metaphysical modalities, and its formulation involves a non-standard modal concept I call Priorean strict implication. In the next three sections, I spell out that conception and characterize Priorean strict implication. 
Possibility and necessity: global versus local
Suppose that God and Satan are both such that it is impossible that they fail to exist. Also suppose that each of them is such that necessarily, He has intrinsic powers which would automatically make Him the master of the universe if nothing external prevented these powers from being realized. Suppose finally that due to certain intrinsic features God necessarily has in addition, His existence excludes that anyone or anything else but Him be the master of the universe, so that it is impossible that both God exist and anyone or anything else but Him, e.g. Satan, be the master of the universe. It then follows that it is impossible that Satan should be the master of the universe. Now compare this impossibility with the impossibility that Socrates be both human and not human, and with the impossibility that Socrates be a number. There appears to be a striking difference between the former and the latter two. That Satan be the master of the universe is extrinsically impossible. There is nothing in the state of affairs consisting in Satan's being the master of the universe to prevent it from obtaining; it cannot obtain only because some other, as it were extraneous, states of affairs necessarily obtain and prevent it from obtaining. In contrast, that Socrates be both human and not human, and that Socrates be a number, are intrinsically impossible. The state of affairs consisting in Socrates' being both human and not human cannot obtain, and this impossibility is, as it were, built into the state of affairs itself, it does not have its grounds in facts concerning other, extraneous states of affairs. And the same goes for the state of affairs consisting in Socrates' being a number.
The previous considerations suggest a distinction between two concepts of impossibility I will dub local and global, respectively. Local impossibility is intrinsic impossibility. Global impossibility is impossibility tout court, and it includes both intrinsic and extrinsic impossibility. To these two concepts of impossibility correspond via negation two concepts of possibility, the concept of local possibility and the concept of global possibility. That Socrates be both human and not human, and that Socrates be a number, are locally, and so globally, impossible. In contrast, that Satan be the master of the universe is globally impossible but locally possible. In the rest of this paper I shall use ᭛ L for 'it is locally possible that', ᭛ G for 'it is globally possible that', ᮀ L for 'it is locally necessary that' and
There is a crucial difference between local and global possibility which is worth stressing. The formulation of this difference requires some preliminary considerations about quantification and the notion of "there being facts about something".
I will take for granted, along with others, that there is a sense of 'there is' under which the expression satisfies the following principle: every sentence of type 'c is so and so' entails the corresponding sentence 'there is something which is so and so'. (Here and below, I use 'c' for an expression which refers to an object.) In that sense, 'there is' has no 'existential import', i.e. it does not satisfy the following principle: every sentence of type 'there is something which is so and so' entails the corresponding sentence 'there is something which exists and is so and so'. For suppose, for a reductio, that it satisfies the second principle. By the first principle, every sentence of type 'c does not exist' entails 'there is something which does not exist'. By the second principle, it follows that every sentence of type 'c does not exist' entails 'there is something which exists and does not exist'. Given that 'there is something which exists and does not exist' is logically false, it follows that every sentence of type 'c does not exist' is logically false as well. But logical falsity entails impossibility, both local and global, and we want to say, at least it is coherent to hold, that some sentences of type 'c does not exist' are possibly true (both locally and globally) -e.g. 'Socrates does not exist'. In the rest of this paper, I shall use ∃ for the 'existential' quantifier so understood and ∀ for the corresponding universal quantifier.
Following Arthur Prior, let me use the expression 'there are facts about c' as synonymous with 'something is true of c'.
4 Given the meaning of 'something is true of', the following principle holds: every sentence of type 'c is so and so' entails 'there are facts about c'. Notice that a consequence of the principle is that every sentence of type 'there are no facts about c' is logically false, and so impossibly true (both locally and globally). For by the principle, 'there are no facts about c' entails 'there are facts about c', and consequently entails 'there are no facts about c and there are facts about c', which is a contradiction.
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Existential quantification and the notion of there being facts about something are intimately linked: 'there is something which is identical to c' (i) entails, and (ii) is entailed by, 'there are facts about c'. (i) directly follows from the abovementioned principle governing the notion of there being facts about something. And (ii) follows from above-mentioned principle governing existential quantification, plus the thesis that 'there are facts about c' entails 'there are facts about c and c is identical to c', plus the thesis that every conjunction entails any of its conjuncts.
Let me now turn to the difference between local and global possibility I previously mentioned. Where 'γ ' designates one or more objects, let us use:
• ' γ is/are universal' for 'γ is the only object that there actually is/are all the objects that there are', i.e. for '∀x(x is one of γ ≡ ∃y(y = x))', and • ' γ is/are ontically closed' for 'it is locally possible that γ is/are universal'.
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By the previous considerations about quantification and the notion of there being facts about something, 'γ is/are universal' is logically equivalent to both '∀x(x is 5 Perhaps all this is not altogether clear to the reader, so let me rephrase things in a different way. Using the resources of quantification into predicate position, 'there are facts about c' can be rendered by 'for some ϕ, ϕc' -see Prior 1957, p. 31. (i) The above mentioned principle holds, for it is a general principle of the logic of quantification into predicate position that from 'Fc' ('F' any one-place predicate, which may be as complex as one wishes) one can infer 'for some ϕ, ϕc'. (ii) A consequence of that principle is that every sentence of type 'there are no facts about c' is logically false. For suppose for a reductio that 'there are no facts about c', i.e. ' (for some ϕ, ϕc)', is true. By the principle, it follows that 'there are facts about c', i.e. 'for some ϕ, ϕc' is true. From our assumption, we can then infer that the conjunction of 'there are facts about c' and of its negation is true. But this conjunction is a contradiction. So our assumption has to be rejected on logical grounds alone, so its negation is a logical truth, i.e. it is logically false. (Prior himself gives what is essentially the same argument in Prior 1957, p. 34: '[…] "There are no facts about me" […] is self-contradictory. For if it were true that there are no facts about me, then there would be this fact about me, that there are no facts about me, and so it would be false'.) 6 I take it, with some others (e.g. George Boolos, see Boolos 1984) that we can achieve plural reference, and use plural quantifiers, without being committed to singular reference to, and singular quantification over, entities containing (being made of, being composed of) several objects like sets, or collections, or what have you. Here as well as in the rest of this paper, I will understand 'is one of' in an extended sense: in case 'c' and 'd' are singular terms, I will take 'c is one of d' to be synonymous with 'c is identical to d'. ¬ 7 one of γ)' and '∀x(x is one of γ ≡ there are facts about x)'. Let then α be all the objects there actually are. Since what is actually true is locally possible, α are ontically closed. What about an object/objects which does not/do not jointly exhaust the totality of all the objects that there are?
'γ is/are ontically closed' is presumably false in some cases where 'γ ' refers to less than α. For instance, one may hold with some plausibility that {Socrates} is not ontically closed. For if it was locally possible that {Socrates} be the only object that there is, then it would be locally possible that there be facts about {Socrates} and about it only, and intuitively this is false: there being facts about the singleton requires that there be facts about Socrates. On the other hand, it can be maintained that some objects which fail to comprise one of α are ontically closed. For instance, it makes good sense to say that the pure sets are. Call the view that some object/objects which does not/do not jointly exhaust the totality of all the objects that there are is/are ontically closed the closure thesis.
The closure thesis marks a big difference between local and global possibility. For it can be argued that the version of the closure thesis for global possibility is false. In fact, take any object c whatsoever and let γ be any object distinct from c, or any objects which do not comprise c. One can argue that it is globally impossible that everything be one of γ, i.e. that,
as follows. First, it is globally impossible that there be no fact about c, i.e.
(b) ᮀ G (there are facts about c).
For as we saw, 'there is no fact about c' is logically false, and what is logically false is not globally possible. Second, it is globally impossible that both there be facts about c and everything be one of γ, i.e.
(c) ᮀ G (there are facts about c ⊃ ∀x(x is one of γ)).
For 'there are facts about c' entails 'something is identical to c', and 'something is identical to c' and 'everything is one of γ ' together entail 'c is one of γ '. So if it was globally possible that both there are facts about c and everything is one of γ, then it would be globally possible that c is one of γ. But since c is not one of γ, it is globally impossible that it be. Finally, (a) follows from (b) and (c) by the validity of schema K for global necessity, i.e.
I have just assumed that modal schema K is valid for global necessity, and I also did so at the beginning of this section in the example involving God and Satan. That schema K is valid for global necessity is a widely shared view. The previous considerations suggest that, in contrast, schema K for local necessity is not valid. In fact, as I have argued, it can be maintained that there are some object or objects γ such that (i) something is not one of γ and (ii) ᮀ L ∀x(x is one of
. Now suppose there is such an object or such objects γ, and let c be an object which is not one of γ. For one thing, what is logically false is locally impossible, and so ᮀ L (there are facts about c). And for another thing, one can argue, as I did before in favor of (c), for the view that ᮀ L (there are facts about c ⊃ ∀x(x is one of γ)).
A semantical characterization of local and global possibility and necessity
In the previous section I introduced and somehow illustrated the local/global distinction. In the present section I wish to present a world-semantics for the local and the global modalities, similar, qua world-semantics, to familiar semantics for the global modalities. Although the semantics is only partial (in particular, it does not deal with iterated modalities), it will help have a better grasp on these notions.
The language to be semantically characterized is an interpreted first-order language with individual constants, the binary identity predicate = and the unary existence predicate E, enriched with certain items, namely:
• the local possibility operator ᭛ L ; • the global possibility operator ᭛ G ; • genuinely plural constants, among them 'α'; • the plurality membership predicate ε.
We assume that the sole truth-functional connectives of are (negation) and ∧ (conjunction) and that its sole quantifier is the existential quantifier ∃ we previously met. Predicate ε is synonymous with 'is one of'. Constant 'α' refers to α, i.e. all the objects that there actually are. Each genuinely plural constant refers to two or more objects which are among α, and each individual constant to one of α. We will not need constants which do not actually refer but could (locally or possibly) refer. Notice that language is not endowed with plural variables and quantifiers. We will be able to partly mimic plural quantification thanks to the following assumption: every object among α is referred to by some individual constant, and given any objects which are among α, some genuinely plural constant refers to them. I take it that in order to do things properly, this assumption should be dropped and plural variables and quantifiers introduced, but for the sake of simplicity I will keep things as they stand.
Let an individual term be either an individual variable or an individual constant, and let a term be either an individual term or a genuinely plural constant. The basic formulas of are then defined as follows:
• W here F is an n-ary predicate distinct from ε and t 1 , . . . , t n are n individual terms, F(t 1 , . . . , t n ) is a basic formula; • W here t 1 is an individual term and t 2 a term,
• W here A and B are basic formulas and x a variable, A, A ∧ B and ∃xA are basic formulas.
We then define the formulas of as follows: We adopt abbreviations introduced in the previous section, as well as standard meta-linguistic terminology and conventions. In particular, we define a sentence of as any of its formulas which contains no free variable. We also define a basic sentence of as any of its basic formulas which contains no free variable. A notion which plays a crucial role in the semantics for is that of objectual content. The objectual content of a sentence A -in symbols: |A| -is the class of all objects the sentence is about, i.e. the class of all objects referred to by some expression in the sentence. Thus, the objectual content of 'Socrates and Plato are distinct' is the class consisting of Socrates and Plato, and the objectual content of 'everything is human if human' is the empty class. For the sake of simplicity, we shall assume that the predicates of make no reference to any object (unlike e.g. the predicate 'is Sam's brother'), so that the objectual content of any of its sentences is the class of all objects referred to by the individual or genuinely plural constants the sentence contains. Dropping that assumption would yield no special difficulty.
Also central to the semantics are the notions of a locally possible world and of a globally possible world. 7 The main idea of the semantics is indeed to characterize local possibility as truth at some locally possible world, and global possibility as truth at some globally possible world. Given that what is globally possible is locally possible, the semantics has it that the class of all globally possible worlds is part of the class of all locally possible worlds. At a globally possible world, there are facts about absolutely everything that is one of α. This does not hold of strictly locally possible worlds, i.e. of locally possible worlds which are not globally possible: given any strictly locally possible world, there is at least one object among α such that there are no facts about that object at that world. A strictly locally possible world is, so to speak, a globally possible 
world in miniature: it is systematically blind to states of affairs concerning some of α.
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Let us now turn to the semantics proper. Language is interpreted via a model 〈@, W, D, i〉, where W is the class of all locally possible worlds (I will often say 'world' instead of 'locally possible world'), @ ∈ W is the actual world, D is the domain function, and i is the interpretation function. Function D takes each world w into the class D w , the domain of w, which is the class of all objects that there are at that world. Function i takes:
• each individual constant into the unit-class of its reference, which is a subclass of D @ ; • each genuinely plural constant into the class consisting of all the members of its reference, which a subclass of D @ ;
each n-place predicate distinct from = and ε and world w into the extension of that predicate at that world, which is a subclass of .
Notice that the semantic value of any constant, individual as well as genuinely plural, is taken to be a class. This makes possible a homogenous formulation of the semantics in a familiar class-theoretical language. One could easily rewrite the whole semantics using talk involving plural expressions. Following the same policy, we shall take individual variables to range over unit-classes. An assignment to the variables -an assignment, for short -is a function which takes every individual variable into the unit-class of an element of ∪ w∈W D w . Where x is an individual variable, two assignments are x-alternatives iff they differ at most on which unit-class they take x into. Where µ is an assignment and t a
term, iµ(t) is i(t) if t is a constant, and µ(t) if t is a variable. And where µ is an assignment and t an individual term, (t) is the element of iµ(t).
The objectual content of a formula A relative to assignment µ -|A| µ for short -is the union of the following two classes:
• U ( x a variable which occurs freely in A)
constant which occurs in A) i(γ)
. |A| µ is the class of all objects A is about according to µ. In case A is a sentence, its objectual content relative to any pair of assignments is the same, and is just its objectual content to court, namely |A|. 8 One may think that given what I just said about strictly locally possible worlds, there can be no such things. For if c is one of α, one may argue, the sentence 'there are no facts about c' is logically false, and so there can be no possible world at which the sentence is true. The argument is correct. But here and below in this paper, I use 'there are no facts about -at world …' to express what 'there is no sentence S such that (i) S is about -, and (ii) S is true at world …' expresses. A strictly locally possible world is a world w such that, for some object c among α, no sentence about c is true at w.
We define truth-at-a-world-relative-to-an-assignment for basic formulas as follows:
• F or F distinct from both = and ε, w µ F(t 1 , . . . , t n ) iff 〈 (t 1 ), . . . , (Notice the clause for negation. Also notice that by the clauses for identity and plurality membership, the former notion is definable in terms of the latter.) We shall say that a basic sentence A is true at a world iff it is true at that world relatively to some assignment (or equivalently, relatively to all assignments). Truth-relative-to-an-assignment for formulas is then defined as follows:
• If A is a basic formula, then:
If A and B are formulas, then:
Notice that for A a basic formula, we have then:
Finally, we shall say that a sentence A is true iff it is true relatively to some assignment (or equivalently, relatively to all assignments). Where A is a basic sentence, we have then: 
L L
Some points relative to the semantics for are worth stressing.
(1) Where x is any variable, let us use Φx for ∃y(y = x), y the first variable distinct from x (here and below we suppose given a fixed enumeration of the variables). By some considerations from the previous section, Φx can be used to express what 'there are facts about x' expresses. Then given any world w and any assignment µ:
The domain of a world is the class of all objects there are facts about at that world.
(2) Where γ is a constant, let Φγ be short for ∀x(x∈γ ⊃ Φx), x the first variable in the enumeration. Φγ can be used to express what 'there are facts about each one of γ ' expresses. Then for every world w:
It follows that w Φα iff D @ ⊆ D w . A world is globally possible iff at that world, there are facts about every object there actually is.
(3) Let γ be a constant. The sentence 'γ is/are universal' can be rendered in by the basic sentence ∀x(x∈γ ≡ ∃y(y = x)), x the first variable in the enumeration and y the second. Then given any world w:
One of α / some objects among α is/are universal at a world iff it constitutes/ they constitute the domain of that world. Notice that 'γ is/are universal' is true at a world iff ∀x(x∈γ) is (x the first variable in the enumeration), iff ∀x(x∈γ ≡ Φx) is (x the first variable in the enumeration again). The sentence 'γ is/are ontically closed' can be rendered by the sentence '᭛ L (γ is/are universal)'. Then:
• ' γ is/are ontically closed' is true iff for some w ∈ W, i(γ) = D w .
One of α / some objects among α is/are ontically closed iff it constitutes/they constitute the domain of some world. It follows that α are ontically closed.
(4) The closure thesis can be expressed as: for some constant such γ that i(γ) ≠ D @ , 'γ is/are ontically closed' is true. This is equivalent to: some (nonempty) world-domain is a proper part of D @ . Notice that if the closure thesis is true, then some world-domain fails to comprise D @ . As I previously argued, sense can be made of the view that the closure thesis is true. Its truth is actually compatible with the semantics just presented: nothing in the semantics tells us that no world-domain can consist in some but not all of α. I also previously argued against the version of the closure thesis for global possibility. The semantics actually invalidates that version of the thesis. For '᭛ G (γ is/are universal)' is true
(5) For every basic sentence A and every world w:
A basic sentence has a truth-value at a world iff its objectual content is part of the domain of that world. As a consequence, if the closure thesis is true, then some basic sentences (e.g. 'α are universal') lack any truth-value at some worlds.
(6) If the closure thesis is true, then some local possibilities are not globally possible. For if the thesis is true, then there is a constant γ such that i(γ) ≠ D @ , '᭛ L (γ is/are universal)' is true, and '᭛ G (γ is/are universal)' is false.
(7) Where c is an individual constant:
• ᭛ L Ec is true iff there is a world w such that i(c) ⊆ D w and not-
Nothing in the semantics tells us that the extension of the existence predicate at a world should be identical to the domain of that world, and so that the right-hand side of this equivalence should be false. This is a good thing, for we want to leave room for the view that some objects among α, e.g. Socrates, locally possibly fail to exist. (8) Here are four important principles that follow from the semantical characterization of :
The first two show that in , the global modalities are definable in terms of the local modalities. The third one conforms to a claim I made in the previous section, namely that modal schema K for global necessity is valid. Finally, the fourth principle says that an -instance of schema K for local necessity is true relative to an assignment if it satisfies a certain condition on objectual contents relative to that assignment. That condition is not redundant, for it can be shown that if the closure thesis is true, then some of these instances of K are false relative to some assignments, in particular some sentential instances of K are false tout court. In fact, suppose the thesis holds. Let γ be a constant such that i(γ) ≠ D @ and 'γ is/are ontically closed' is true, and let c be an individual constant such that i(c) is not part of i(γ). Then on one hand, since 'γ is/are ontically closed' is true, ᮀ L ∃x (x∈γ) is true (x is the first variable in the enumeration). And on the other hand, the semantics has it that both ᮀ L Φc and ᮀ L (Φc ⊃ ∃x (x∈γ)) are true. This
conforms to a claim I also made in the previous section, namely that modal schema K for local necessity is not valid. Let me close this section with a general remark on the proposed semantics for . It may appropriately be called a Priorean semantics. The reason is that Arthur Prior's views about necessity an possibility, which are embodied in his system Q, lead to a world-semantics for these notions which shares a peculiar property with the semantics for presented above: both semantics have it that a sentence may fail to have a truth-value at a world, and that a sentence has a truth-value at a world provided that its objectual content belongs to the domain of that world. 9 Actually, the difference between my semantics and the genuinely Priorean semantics essentially amounts to different views about existence. According to Prior, for a thing to exist is for there to be facts about that thing.
10 I accept that if a thing exists, then there are facts about it, but I deny the converse. For I take it that if there are facts about something, then there is that thing, but I admit that there may be a thing which does not exist. The semantics I proposed would be acceptable to Prior only if it incorporated the view that the extension of the existence predicate at a world is identical to the domain of that world.
Priorean strict implication
The semantics introduced in the previous section allows one to characterize a binary modal notion I will call Priorean strict implication -PSI, for short.
11 Let ⇒ express PSI. One can read A ⇒ B as 'its being the case that A and its not being the case that B are incompatible'. PSI will be a crucial ingredient in the account of essence I will present in the next section.
Let language * be enriched with ⇒. The syntax of * is the same as that of , with an extra clause in the definition of formulas which says that is A and B are basic formulas, then A ⇒ B is a formula. The semantics for * is also the same as that for , with an extra truth-clause for ⇒: 9 Prior did not formulate any world-semantics properly speaking. In Prior 1957, chapter V, he introduces his system Q for temporal logic, and suggests an interpretation of Q as a modal system. He provides the propositional version of Q with a semantics formulated in terms of infinite matrices, from which one can make out a world-semantics. And in Prior & Fine 1977, pp. 85-86 , he gives some indications as to how to provide Q with such a semantics. See Correia 1999 , Correia 2001a and Correia 2001b for some semantical studies of systems belonging to the family of Q, and for further references on Q and related systems. Let me here mention that, interestingly, both the semantics Fine offers for his quantified logic of essence (see Fine 2000; see also Fine 1995a) and the semantics for a propositional version of that logic presented in Correia 2000 have it that a sentence may fail to have a truth-value at a world, and that a sentence has a truth-value at a world provided that its objectual content belongs to the domain of that world. 10 Prior 1957, p. 31. 11 See Correia 2001a for a formal study
It follows:
• A ⇒ B is true iff B is true at every world where A is true.
We shall assume, as the central claim of this semantical characterization of *, that the formally defined notion of truth for * is coextensive with the ordinary concept of truth on the class of all sentences of *. PSI has many properties one would expect a notion of implication to have. For instance, for every basic sentences A, B and C, the following hold:
But certain properties which are regarded by many as constitutive of implication are not possessed by PSI. For example, on the assumption that the closure thesis is true, there are *-instances of the following conditional forms: Where A is a basic formula, let us use Â for A∨ A. Â is true at a world relative to an assignment iff the objectual content of A relative to that assignment is part of the domain of that world. The following important principles hold:
By the first two items, the local and global modalities we previously met are definable in * in terms of PSI. It is actually my view that PSI is more basic than these monadic modalities. I took care to suggest that A ⇒ B should be read as 'its being the case that A and its not being the case that B are incompatible', not as 'its being the case that A and its being the case that not-B are incompatible'. I did it for a good reason. In fact, where A and B are basic sentences, 'its being the case that A and its being the case that not-B are incompatible' is equivalent to ᭛ L (A ∧ B) , and so to
hold if the closure thesis is true. For example, assuming the truth of the thesis, ᮀ L (∃x(x = x) ⊃ Φα) is true, but not ∃x(x = x) ⇒ Φα (x the first variable in the enumeration). The notion of ontic dependence will be of some use in the next section. Let γ 1 and γ 2 be two constants. Let us use 'γ 1 is/are ontically dependent upon γ 2 ' for Φγ 1 ⇒ Φγ 2 . 'γ 1 is/are ontically dependent upon γ 2 ' is true iff 'there being facts about γ 1 and its not being the case that there are facts about γ 2 are incompatible' is. Then:
• ' γ 1 is/are ontically dependent upon γ 2 ' is true iff for every world w,
Notice that for every constant γ :
• If 'γ is/are ontically closed' is true, then so is '∀x(γ is/are ontically dependent upon x ⊃ x∈γ)' (x the first variable in the enumeration).
The converse principle has some plausibility. If it is accepted, then to say that {Socrates} is not ontically closed is to say that it ontically depends upon something else, and to say that the pure sets are ontically closed is to say that they ontically depend upon nothing but themselves.
A modal account of essence
Let me now come back to the topic of essence. As we saw, Fine's final view is that no modal account of what it is for an object to be essentially so and so can be found. If 'modal' here points to the global modalities, then I have nothing against his view, and actually I am strongly inclined to think it is correct. But if 'modal' is used unrestrictedly to point to metaphysical modality in general, then I think that the view is incorrect. Here I wish to put forward a modal account framed solely in terms of PSI and of the notion of there being facts about something. For the sake of definiteness I will take it that the target of the account are statements of the form 'c is essentially such that A', where 'c' names an object and 'A' a sentence. (See the discussion in section 1.) The account I wish to propose is then the following: where 'c' designates an object, 'c is essentially such that A' is to be understood as 'there being facts about c and its not being the case that A are incompatible', i.e. as Φc ⇒ A. On this account, for instance, to say that singleton {Socrates} is essentially such that it contains Socrates is to say that in every world where there are facts about the singleton, it is true that it contains Socrates; and to deny that Socrates is essentially such that it is a member of the singleton is to say that there is a world where there are facts about Socrates and where it is not true that he belongs to the singleton (e.g. because there are no facts about the latter). 12 One often hears or reads that an object c is essentially such that A iff it must be the case that A if c is to be the object that it is. Two natural ways of formulating the right-hand side of this equivalence are the following: (1) and (2) (5), (6), (D), (7) and (8) are the following theses:
Necessarily, there are infinitely prime numbers; (5) Socrates is essentially such that (Socrates exists and there are infinitely many prime numbers); (6) Socrates is essentially such that (if Socrates exists, there are infinitely many prime numbers); (D) Necessarily, if Socrates exists, Socrates has the parents he actually has; (7)
The Eiffel Tower is essentially such that (the Eiffel Tower exists, and if Socrates exists, Socrates has the parents he actually has); (8)
That the proposed account is compatible with both (C) & not-(5) and (C) & not-(6) can be argued for by considering the view that (i) there are worlds where there are facts about Socrates but no facts about numbers, and (ii) in every globally possible world, there are facts about numbers, and in particular the fact that there are infinitely many prime numbers. For the case of (D) & not- (7) and (D) & not-(8), one may consider the view that (i) there are worlds where there are facts about the Eiffel Tower but no facts about Socrates, and (ii) in every world where there facts about both, if Socrates exists, he has the parents he actually has. See above once again. essential existence. We want the view that some things do not essentially exist to be compatible with any account of essence. Under the proposed account, to say that object c does not essentially exist is to say that it is not locally necessary that c exists, i.e. that there are worlds where there are facts about c but where c fails to exist. And as we saw, there is nothing problematic with that. We would be in trouble if we wanted any account of essence to be compatible with the view that some things are such that it is not essential to them that there be facts about them, for on the proposed account this is ruled out. Fortunately, this is not something that we want: it is obviously part of the nature of every object that it is something, i.e. and object, and so that there are facts about it.
So, the account of essence framed in terms of PSI fares well as far as Fine's objections to the standard modal accounts are concerned. In the remaining part of this section, I wish to deal with the topic of 'collective' essence.
As I mentioned in section 1, Fine holds that for a proposition to be necessary is for it to be true in virtue of the nature of all objects. Fine formulates his reductive thesis by means of the essentialist operator 'it is true in virtue of the nature of . . . that -', where '. . .' is to be filled up with an expression which picks out one or more objects and '-' by a sentence. This operator expresses what we may call a notion of collective essence, as opposed to the notion of individual essence we have been dealing with up to now. (On this understanding of 'collective', an individual essentialist statement counts as collective.) How is Fine's notion to be understood, and how is it related to the more common notion of individual essence?
Let the essence of a given object or of given objects be the class of all propositions true in virtue of the nature of that object or of these objects. As Fine understands collective essence, where c 1 , c 2 , . . . are given objects, the essence of c 1 , c 2 , . . . includes the essence of each one of c 1 , c 2 , . . . , but it may not reduce to the union of the essence of c 1 with the essence of c 2 with . . . : there may be propositions true in virtue of the nature of several objects taken together which are not true in virtue of the nature any of these objects taken separately. For instance, it may be thought that the proposition that 3 is smaller than 4 is true in virtue of what number 3 and number 4 are but neither in virtue of the nature of 3 nor in virtue of the nature of 4, or again that the proposition that Socrates is distinct from the Eiffel Tower is true in virtue of the nature of these two objects taken together but not in virtue of any one of them taken in isolation.
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The previous account of individual essence in terms of PSI leads in a natural way to an account of the more general notion of collective essence along the following lines: where 'γ ' designates one or more objects, 'γ is/are essentially such that A' is to be understood as 'there being facts about γ and its not being the case that A are incompatible', i.e. as Φγ ⇒ A. As we saw in the previous section, every sentence which is an *-instance of ᮀ G A is equivalent to the corresponding instance of Φα ⇒ A. If we take this to hold unrestrictedly (and not only of *-sentences), the proposed account of collective essence makes true the Finean equation between essence and global necessity: every instance of ᮀ G A is equiv-13 See the discussion in Fine 1995b, section 7.
L L 20 alent to the corresponding instance of 'it is true in virtue of the nature of all objects that A'.
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Conclusion
The account of essence proposed in this paper presupposes a non-standard conception of metaphysical modality, which I have tried to spell out to some extent. I hope the way I did it will convince the reader that the conception is viable and independently motivated. Clearly, much more on that conception should be said.
In particular, a systematic study of the logic of the non-familiar metaphysical modalities introduced in this paper should be undertaken, together with a comparison with the Finean logic of essence as presented and studied in Fine 1995a , Fine 2000 and Correia 2000 . This is something I hope to do elsewhere.*
